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In this paper, we investigate several connections between families of binary
linear codes, quadratic spaces over F2, and related combinatorial structures. The
motivation for this study comes from our previous work on families of codes as-
sociated with the Grey–Rankin bound, where we described constructions and
relations between two-weight and three-weight codes, as well as methods for gen-
erating codes of higher dimension from known ones [1, 2] .

In each of the considered families there exist codes that can be obtained from
quadratic spaces. This provides a geometric interpretation of the parameters and
weight distributions of the codes and allows us to relate algebraic constructions
in coding theory to projective quadrics.

We further study a connection between quadratic spaces of dimensions 2m and
2m+2 over F2. Using an explicit construction obtained by extending a quadratic
form with an anisotropic two-dimensional component, we derive a fibration-type
description of the corresponding projective quadrics [3].

The results highlight that quadratic spaces arise naturally from certain fam-
ilies of linear codes and provide an additional geometric interpretation of their
structure. In this sense, projective quadrics appear as a particular part of more
general coding-theoretic constructions.
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