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The local-to-global principle via topology of the Balmer-Favi support

Tensor triangulated categories occupy a central place in homotopy theory: they provide a unified frame-
work that brings together diverse mathematical contexts under a common set of axioms. Balmer’s founda-
tional work gave rise to the field now called tensor triangular geometry, which establishes a bridge between the
categorical structure of a tensor triangulated category and the properties of its associated Balmer spectrum.
More recently, Barthel, Heard and Sanders introduced a theory of stratification built on the Balmer-Favi
support, offering a classification of the localizing tensor ideals of a tensor triangulated category through a
refined notion of support. This new notion extends to the entire category what the classical Balmer support
had only captured for compact objects.

Stratification of a tensor triangulated category turns out to be equivalent to two conditions: the minimality
of certain localizing tensor ideals, and the local-to-global principle. This talk centers on the latter. Building
on work of Benson, Iyengar and Krause, it is known that the local-to-global principle holds whenever the
Balmer spectrum is a noetherian topological space. A natural question arises: what happens if this noetherian
property holds only for the support of a single object, rather than being imposed globally on the entire
Balmer spectrum? We show that even this weaker hypothesis is sufficient to recover the conclusion of the
local-to-global principle for that specific object.
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