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It is well-known that a positive contractive projector on L1(ν) that preserves 1 is a con-
ditional expectation operator. This characterization has natural applications in the study

of some predictive constructions of stochastic processes. We discuss one such instance for

a sequence of observations generated by an urn-type predictive scheme. In the case when

the process is exchangeable, we show that the associated reinforcement kernel R satis�es

R2 = R, νR = ν, and R1 = 1, so that R can be identi�ed with a conditional expectation

with respect to ν. If the process is instead conditionally identically distributed, but not

necessarily exchangeable, the same construction yields R2 = R, νR = ν, and R1 > 0,
where R1 need not be equal to 1. Thus, R remains a positive contractive projection on

L1(ν), but it may fail to preserve 1. Nevertheless, in this case, we show that R admits a

particular representation as a weighted conditional expectation.
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